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A B S T R A C T

In this paper, we study the difference in electronic and optical properties of bulk and monolayer
zirconium sulfide by applying the APW + lo method in the framework of density functional
theory. All calculation is performed at the energy level of visual light and higher ranging from
0 eV to 15 eV. Our results demonstrates that except for the underestimated band gap like other
GGA calculation, the remain properties like dielectric function, the reflectivity, absorption and
loss energy are close to experiment. The valence band is constructed by mainly sulfur s/p-states
and the lower portion of zirconium s/p/d-states. The conduction band is mostly donated by
zirconium d-state. In contrast with bulk structure, the valence band maximum in monolayer has
the triple peak at Γ point, making its monolayer be more sensitive to light absorption. The di-
electric function has the highest peak at about 1.5–2.5 eV with remarkable anisotropy, beyond
this level to the ultraviolet region the anisotropy decreases and almost disappears at energy
larger than 10 eV. The absorption is at 106 x 10 cm4 -1 for energy range 5–10 eV, while the re-
flectivity is at its highest value of 30 %–50 % in the energy range from 0 to 8 eV. The energy loss
of monolayer is higher than those of bulk. For optical and electronic properties, the monolayer
show sharper peaks and their clear separation indicate the progressive application of monolayer
zirconium sulfide.
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1. Introduction

Graphene, a two-dimensional sp2-hydridized carbon monolayer has recently received considerable attention due to its extra-
ordinary physical and chemical properties [1–3]. However, the lack of a sizable band gap has limited its application [2]. This obstacle
triggers increasingly studies on new generation of graphene-like materials with suitable band gap for vast variety of application
[4–6]. Recently, two-dimensional (2D) transition-metal dichalcogenides (TMDs) materials have been widely studied owing to their
outstanding properties such as high carrier mobility and on/off ration [7–13]. Most of 2D TMDs materials are semiconductors with
the band gap of about 2 eV which can be controlled by strains [14–17], pressure [18,19], or electric field [20–22], making them
suitable for application in nanoelectronics and optoelectronics.

More recently, 2D ZrS2, one of the TMDs group has been successfully synthesized experimentally [23], making it potential
candidate for application in next-generation nanodevices such as in hydrogen storage and large scale solar cell [24–27]. Nowadays,
numerous nanodevices based on the ZrS2 such as photodetectors, field-effect transistors have been experimentally fabricated [24,28].
These findings indicated that the ZrS2-based nanodevices demonstrated high sheet current densities up to 800–8000 μA μm// with the
ultrafast response of ∼2 μs and ultrahigh responsivity of 7.1× 105 −AW 1.

It should be noted that for most TMDs, the photoconductivity can be affected by the band structure feature [29,30]. The ap-
propriate band gap of ZrS2 monolayer about 2 eV is theoretically proved to maximize the absorption portion of the sunlight for water
splitting [27,31], optoelectronic applications and in devices for energy harvesting [32,33] and High-performance Schottky solar cells
[25]. Meanwhile, the theoretical prediction of solar hydrogen production is higher than the measured values [27,34]. However,
application of ZrS2 in optical areas has gained more interest since its band gap energy is found to be tunable by strain [35,36], by
structural dimension in which the gap energy may vary from 1.7 eV [30,37] in bulk to 1.94 eV, 1.97 eV and 2.01 eV [35,38] with
decreasing the structural dimension to trilayer, bilayer, and monolayer ZrS2, respectively. The gap energy can also be varied by the
vertical electric field [39]. In addition, the empty d valence band of ZrS2 motivate the study of its ferromagnetic properties for
spintronic applications [40]. This also encourages researchers to modify the gap energy of ZrS2-based material by attaching other
semiconductors, transition metal, and non-metal [34,41–43]. Despite the advantages of 2D ZrS2-based materials, their further de-
velopments and applications are restricted by the current lack of systematic studies and comparison to analyze the difference between
bulk and monolayer ZrS2, especially at energy region higher than visual light.

Therefore, in this work, DFT approach is applied to compare the properties of bulk and monolayer ZrS2 including electronic and
optical properties for energy ranging from 0 eV to 15 eV. The relationship between electronic structure and optical behavior is also
analyzed in details.

2. Theoretical model and method

The optical and electronic properties of bulk and monolayer zirconium sulfide is analyzed by employing the APW + lo method as
implemented in the WIEN2k program [44]. For the full potential approximation, the non-overlapping muffin-tin sphere radii of Zr
and S atoms in the ZrS2 system are chosen to be 2.45 a.u. and 2.11 a.u., respectively. The wave function expansion for the inner
region of the atomic spheres is controlled by the orbital quantum number lmax =10, for the interstitial region the expansion is
considered by k-point so that R kMT

min max =7. The charge density is represented by Fourier expansion with largest vector Gmax =12
(a.u.)−1. The above parameters are chosen based on the convergence and accuracy of electronic and optical values of testing
structures before using for further studying on bulk and monolayer ZrS2. The Perdew-Burke-Ernzerhof generalized gradient ap-
proximation (PBE-GGA) potential is used for the exchange-correlation functional [45,46]. The sampling of Brillouin zone is per-
formed using tetrahedron method of Blöchl et al. [47] and 1000 k-points within the full zone. The self-consistent process is con-
sidered to be converged when the difference in out-put values between the two consecutive iterations is less than 0.0001 Ry. The
weak van der Waals interactions between layers of bulk ZrS2 were described in Grimme's DFT-D3 method.

3. Results and discussion

3.1. Atomic structure and electronic property of bulk and monolayer ZrS2

In Fig. 1, we display the crystal structure of ZrS2, which has hexagonal rings with triple (SeZreS) layers. The Zr atoms are inside
nearly octahedrons created by six S atoms, while the S atoms are surrounded by three Zr atoms which form trigonal pyramid-liked
structure. The simulation of monolayer ZrS2 is realized by setting the vertical parameter of the unit cell to be over 20 Å to avoid layer
interaction due to the repetition of the unit cell. After geometric optimization, the relaxed lattice constants of ZrS2 monolayer and
bulk are 3.718 Å and 3.681 Å, respectively. The lattice constant of bulk ZrS2 is in good agreement with the previous theoretical value
of 3.64 Å [48,49] and the experimental measurement is 3.66 Å [37]. Meanwhile, the previous lattice constant for bilayer ZrS2 is
3.72 Å [50]. Due to the reduction of dimensionality from bulk to monolayer, an obvious structure relaxation is expected for the
absence of van der Waals interlayer interaction in monolayer, which appears to be planar structure, and thus the lattice parameter a
of the ZrS2 monolayer is slightly larger than that in bulk form. On the other hand, the distance between Zr and S atoms are nearly the
same of about 2.58 Å, which also is in consistent with the experimental values [37].

We now consider the electronic properties of both the ZrS2 bulk and monolayer, as shown in Fig. 2(a and b). It is obvious when the
dimensionality of ZrS2 decreases from 3D to 2D, the gap energies are still indirect with the conduction band minimum at the L point
and the valence band maximum at the Γ point. However, the valence band maximum in the ZrS2 monolayer is separated into two
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lower peaks, improving the light absorption of monolayer ZrS2, since there are more inter-band transitions than those in bulk ZrS2.
Our calculated band gaps for the bulk and monolayer ZrS2, respectively, are 0.750 eV and 1.248 eV, which are in good agreement
with the available GGA theoretical reports [48,51]. However, the lack of Hartree-Fock exchange-correlation may lead to under-
estimated band gap of monolayer in comparison with experimental values [52–54].The band gap of ZrS2 monolayer is close to 2 eV,
which is very suitable for absorption of light. The disagreements between the results of DFT calculations should not indicate any
failures or shortfalls of DFT [55]. The trend of material's behavior should not change. Moreover, the APW + lo method is proven to
reproduce reliable electronic and optical properties of materials [56,57].

Fig. 3(a and b) shows that the valence band of the ZrS2 is mainly contributed by sulfur s-state at the first peak with energy level
ranging from −13 eV to −11 eV. In addition, we find that an energy gap of about 6 eV between the first and the second peaks is
related to the sulfur p-state in the energy range of (−3.5÷0) eV. At the same time, these states are also mixed with substantial portion
of zirconium s/p/d-states. This suggests that the ZreS is strong covalent bond. Whereas, the conduction band is contributed by major
part of unoccupied zirconium d-orbital, which is separated into two different peaks. The highest peak of zirconium at the energy of
3 eV separates itself into one more lower peak at 1.5 eV owing to the distortion at octahedral position of zirconium atom [59]. This
effect becomes more obvious in monolayer ZrS2 with shaper peak separation. The mixing between the zirconium s, d and p states in
conduction band leads to a decrease in band gap energy, especially in bulk ZrS2 with more sheets of Zr atoms, leading to a lower band
gap in bulk ZrS2 in comparison with that in monolayer.

3.2. Optical properties of ZrS2 bulk and monolayer

We further consider the optical behavior of the bulk and monolayer ZrS2. It is obvious that the change in the band gap and
electronic structure of bulk and monolayer affects the ability of ZrS2 to absorb sunlight for solar cell application. This raises an

Fig 1. Atomic structure of ZrS2: (a) top view and (b) side view of monolayer ZrS2 respectively, (c) side view of bulk ZrS2.

Fig. 2. Band structures of bulk (a) and monolayer (b) ZrS2, respectively, where the Fermi level is shifted to zero.
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interest of studying their optical properties. The structure of ZrS2 is hexagonal, so we estimate the optical spectra responding to two
components of the incident electrical field which is perpendicular (E⊥z) and parallel (E∥z) to the z direction of the crystal.

The real ε ω( )1 and imaginary ε ω( )2 components of dielectric function represent the ability of material to store energy and the
energy loss. The dielectric function is calculated based on the momentum representation which considers the eigenvalue energy Ekn
corresponding to the crystal momentum k and spin σ, the frequency ω of the incident electromagnetic wave, the mass m and charge e
of electron [60].

∑= × 〈 ′ 〉〈 ′ 〉 × − − −
′

′ ′ε ω π e
Vm ϖ

knσ p kn σ kn σ p knσ f f δ E E ω( ) 4 | | | | (1 ) ( ℏ )ij

nn σ
i j kn kn kn kn2

2 2

2 2 (1)

where V is the unit-cell volume, p is the momentum operator, 〉knp| is the wave function of the crystal, and fkn is the Fermi distribution
function counting only the transitions of material from occupied state to unoccupied one.

The real component of complex permittivity can be obtained based on ε ω( )2 by using Kramers-Kronig formula [61]:

∫= +
′ ′
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where P is the principal value of the integral.
Fig. 4(a) and Fig. 4(b) show similar trend of ε ω( )1 for both bulk and monolayer ZrS2. The real component plays main role in the

dielectric function of the material at equilibrium state. The ε ω( )1 of the two compounds reaches its highest values with three main
peaks E1, E2, and E3 in the following energy ranges (1÷2.8) eV, (2.8÷4) eV and (4÷10) eV. This indicates that ZrS2 based compounds
have reflectivity of high energy photon. The ε ω( )1 decreases from its highest peak E1 to a non-significant peak E4 at 12 eV and
stabilizes at the energy level greater than 14 eV. The green experimental line for ε ω( )1 in Fig. 4(a) shows good agreement between the
theoretical and experimental results. For the energy level below 14 eV, the material has anisotropic behavior which is reflected by the
difference in value of ε ω( )1 by in-plane E⊥z and out-plane E∥z directions. At the energy intervals (2.8÷4) eV and (4÷10) eV, the ε ω( )1 of
monolayer ZrS2 has significant decrease between two top values corresponding to the separation of each of the ε ω( )1 peaks E2, and E3
into two narrower peaks.

The imaginary component ε ω( )2 in Fig. 4(c) and Fig. 4(d) shows similar respond of bulk and monolayer ZrS2 to the medium. The
ε ω( )2 peaks at energy level from 2 to 8 eV correspond to the inter-band transitions in Fig. 3, which happens between sulfur p-state,
zirconium s/p/d-state in valence band and the zirconium d-state in conduction band. The peaks at energy level above 8 eV originate
from inter-band transitions mainly between sulfur s-state, zirconium s/p-state in valence band and zirconium d-state in conduction
band. The highest peak of ε ω( )2 at the low energy range 1.5–2.5 eV indicates that the loss energy happens at low energy. At this
energy range we also observe strong anisotropy in the behavior of ε ω( )2 reflected by significant difference between E⊥z and E∥z. The
reflectivity increases with the gradual decreasing of ε ω( )2 peaks which become null at energy higher than 13 eV. In comparison with
Fig. 4(b) for monolayer ZrS2, we see that the valence band has two more peaks along the A-Γ path relating to the separation of each of
the two peaks E2 (3.5–7 eV) and E3 (7.5–11 eV) into two peaks, indicating that monolayer is more sensitive to the medium.

This leads to the interest of investigating the adsorption coefficient α ω( ), optical reflectance R ω( ), and the energy loss L ω( ) of
bulk and monolayer ZrS2, which are calculated as following [63]:

Fig. 3. Total DOS and main partial densities of bulk (a) and monolayer (b) ZrS2, respectively. The XPS valence-band spectrum from Ref. [58] is
plotted by the same energy scale with the TDOS of bulk ZrS2.
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where nij and kij are the extinction and refraction index respectively, these indexes are calculated as follows:
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Fig. 5 shows that the absorption begins at visible light with energy ranging from 1.5 eV to its local peak at the yellow color of
about 2.5 eV. Then it increases with higher peaks in the region of UV light and reaches the highest value at 106×104 cm−1. This
optical behavior of the two compounds makes ZrS2 a promising photovoltaic material. The first and second absorption peaks directly
relate to the surface plasmon resonance in Fig. 3 the lowest negative values of ε ω( )1 at 3 eV and 5.2 eV. Despite of the fact that α ω( )
depends on both ε ω( )1 and ε ω( )2 , the anisotropy is not significant for bulk ZrS2 over the whole absorption range, while in the case of
monolayer structure, this anisotropy becomes prominent at the ultraviolet regions 8–11 eV and 11.5–14.5 eV. The sharp peaks in

Fig. 4. The real ε ω( )1 and imaginary ε ω( )2 component of the dielectric function in bulk (a, c) and in monolayer (b, d) ZrS2 calculated along x- (blue
line) and along z- (red line) axes, experimental permittivity from Ref. [62] (dot lines) for the case of bulk ZrS2.
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ultraviolet–visible absorption spectroscopy propose monolayer ZrS2 to be good material for sensor application.
It can be seen in Fig. 6 that both the refractive index n ω( ) and extinction coefficient k ω( ) in bulk and monolayer zirconium sulfide

fluctuate over whole energy level ranging from 0 eV to 15 eV. Anisotropy is observed at energy lower than 10 eV for bulk, while in
monolayer it occurs at energy lower than 7 eV.

Fig. 7(a) and Fig. 7(b) show a pattern of energy loss which has a clear relationship with the imaginary component ε ω( )2 of

Fig. 5. The absorption coefficient α ω( ) of bulk (a) and monolayer (b) ZrS2 calculated along x-axis (blue curve) and z-axis (red curve).

Fig. 6. The refractive index n ω( )(a, b) and extinction coefficient k ω( )(c, d) of bulk and monolayer ZrS2 calculated along x- (blue line) and along z-
(red line) axes.
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dielectric function shown in Fig. 3(c) and Fig. 3(d). In bulk ZrS2, the value of energy loss along the out-plane direction is close to the
experimental data [64]. The first peak appears at the energy of about 3.3 eV, at this peak, the difference between calculated value and
experimental value is about 0.4. The highest peak appears at the energy of 11.4 eV, both our calculation and the experiment show the
energy loss of about 0.8. The energy loss along the x-axis in bulk ZrS2 has lower peaks in comparison with the z-axis. The monolayer
ZrS2 in Fig. 7(b), as expected from the previous results of ε ω( )1 , responds better to the external field. The energy loss peaks are shaper
and with higher value in comparison with the bulk. The first peak by x-axis is at 3.2 eV, while at this energy level the peak along z-
axis is not significant. However, when the energy is higher than 7 eV, the peaks along two direction are getting closer to each other.
The highest peak is at about 14 eV. The energy loss pattern in Fig. 7(b) show that monolayer ZrS2 can result in better plasmon
resonance than the bulk.

The reflectivity R ω( ) of bulk and monolayer ZrS2 in Fig. 7(c and d) are fluctuated curves over the whole energy range 0–15 eV,
which have local maxima and minima at the energy levels corresponding to the maxima and minima of ε ω( )2 in Fig. 3. For bulk ZrS2,
the reflectivity starts with 20 %–30% at 0 eV, at the energy level higher than 1 eV, the reflectivity remains the same at the rate of
about 50 %. Its interesting that the reflectivity of bulk ZrS2 to the photon energy ranging from visible to mid-ultraviolet are in good
agreement with experimental data [37,62]. The monolayer ZrS2 has smaller R ω( ) starting at 5 % to 10 % then it reaches the highest
value of 25% at the energy level about 2.3 eV (the highest level of ε ω( )2 for monolayer in Fig. 3(d)), and decreases gradually with
lower local peaks. The strong anisotropy in both configurations confirms the semi-conductivity property of the ZrS2-based materials.

4. Conclusion

In conclusion, we apply the APW+ lo method to study bulk and monolayer zirconium sulfide. At the energy ranging from 0 eV to
14 eV, our calculation is in good agreement with experimental data for dielectric function, absorption rate, and loss energy.
Zirconium sulfide is an indirect bandgap semiconductor with the band gap energy from 1.2 eV to 2 eV. The strong hybridization of
sulfur 3-p orbital and zirconium 3-d orbital confirms the strong covalent bond between Zr and S atoms. At energy below 10 eV, the
ZrS2-based compounds have strong anisotropic optical behavior. The dielectric function shows that zirconium sulfide has reflectivity
at high energy. Zirconium sulfide has best light absorption in the region of visible light to mid-ultraviolet wave length. The monolayer
zirconium inherits familiar electronic and optical behaviors of bulk zirconium. At the same time, the 2D compound also exhibits its

Fig. 7. The energy loss L ω( ) and the reflectance R ω( ) of bulk ZrS2 (a, c) and of monolayer ZrS2 (b, d) calculated along x- (blue line) and along z- (red
line) axes, the experimental data for energy loss L ω( ) [64] and the reflectance R ω( ) [37,62] (dot lines) for the case of bulk ZrS2.
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own perspective properties in photovoltaic material with optimal energy band gap near 2 eV, in sensor application with more peaks at
the valence band maximum and sharper peaks of absorption curve. Furthermore, the loss energy in the 2D zirconium is even higher
than the one in bulk structure, this suggests a promising material for plasmon application.
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